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Abstract 

In this paper, the design of planar, double-negative metamaterials using electric and magnetic resonators 
is presented. The effective parameters of the proposed structures are extracted from the transmission and 
reflection coefficients by employing the Kramers-Kronig relations to solve the branch problem in the de-
termination of the effective refractive index. Finally, the application of the proposed idea in the design of 
new multi-band, enhanced double-negative bandwidth or tunable metamaterials is explored. 

 
1. Introduction 

 Since the first realization of a double-negative (DNG) metamaterial, various unit cell designs have 
been proposed to achieve a negative refraction medium [1-4]. Thin wires are usually utilized to provide 
negative effective permittivity, while magnetic resonators are selected to ensure negative permeability over 
the desired frequency band, leading to a DNG passband. However, the implementation of thin wires encoun-
ters significant practical issues, such as the reassurance of their contact with waveguide walls, the cross-cell 
intersections in isotropic metamaterials and their prohibitively thin dimensions for higher frequency problems.  

Recently, electric ring resonators (ERRs) have been introduced for the design of epsilon-negative 
(ENG) metamaterials, as the electric equivalent of the SRRs [5]. These resonators possess an even number of 
conductive loops, due to their geometrical symmetry; hence their primary resonance is of electrical nature. 
Using the ERRs as an alternative to thin wires in the synthesis of DNG metamaterials offers feasible solu-
tions to the aforementioned issues, whereas scalability can be exploited for applications virtually at every fre-
quency range from microwave to visible. Furthermore, ERRs can be used as the basis for tunable materials.   

 In this paper, a novel compact DNG medium is developed, by imprinting ERRs and SRRs on both 
sides of a dielectric slab. The effective parameters of our configuration are extracted with the S-parameter 
retrieval technique, while the Kramers-Kronig relations are employed for uniquely determining the effective 
refractive index [6-9]. Finally, the proposed concept is extended in the design of a dual-band DNG metama-
terial, to reveal its principal merits in designing advanced microwave components for various applications.  

 
2. Design methodology for an ERR-SRR double-negative metamaterial 

 In order to obtain a DNG medium, two single-negative (SNG) materials are initially developed. A 
Taconic CER-10 substrate (εr = 10, tanδ = 0.0018, thickness = 1.5 mm) is used as the host medium and unit 
cell dimensions are set to z = 8 mm, y = 7.9 mm, and x = 7.5 mm along the respective axes. All developed 
structures are excited by a plane wave propagating along the z-direction with its electric field toward y-axis. 
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Fig. 1: (a) ERR geometry (dimensions: d = 4.95 mm, g = 0.8 mm, w = 0.4 mm), (b) magnitude of the S-parameters, and 
(c) effective permittivity. A stopband is observed around the design frequency of 7.8 GHz. 
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Fig. 2: (a) Axially-symmetric SRR geometry (dimensions: a = 4 mm, b = 2 mm, g = 2 mm, d = 1.7 mm, w = 0.4 mm), 
(b) magnitude of the S-parameters, and (c) effective permeability.  

 
The ERR, shown in Fig. 1a, is selected to construct an ENG medium exhibiting a stopband with a 

center frequency of 7.8 GHz. To this objective, the |S21| minimum is shifted to that frequency by varying the 
structure’s dimensions. The resulting ENG stopband and the respective negative permittivity are depicted in 
Figs 1b and 1c. On the other hand, a mu-negative (MNG) metamaterial is formed from the axially-symmetric 
SRR, as depicted in Fig. 2a. An optimization algorithm is applied to enforce the MNG region to overlap with 
that of the ENG material. From Figs 2b and 2c, it is observed that the MNG region is narrower than the ENG 
one, due to the attenuation of the SRR’s magnetic resonance strength at higher frequencies.  
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Fig. 3: (a) The ERR-SRR geometry, (b) magnitude of the S-parameters, and (c) phase of the S-parameters. The passband 
above 6.92 GHz is attributed to the double-negative behavior of the structure.  
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Fig. 4: Effective parameters: (a) refractive index n, (b) impedance z, (c) permittivity εr, and (d) permeability μr.  
 
Afterwards, the previously designed SNG media are printed on both sides of the dielectric substrate, 

as in Fig. 3a. A closer inspection of Fig. 3b reveals a passband around the center frequency of 7 GHz. Also, the 
effective parameters of the medium have been extracted (Fig. 4). A negative refractive index is clearly ob-
tained and the width of the DNG band is about 640 MHz. Interestingly, although the components have been 
designed for a resonant frequency of 7.8 GHz, the final DNG region begins approximately at 6.92 GHz. An 
explanation for this shift may stem from the parasitic inductances/capacitances that appear between the reso-
nators due to their close proximity. These coupling effects remained relatively strong even when the substrate 
thickness was increased (not shown here), indicating that this is a side-effect of the structure’s planar design. 

 

3. Dual-band, negative-refraction medium 

The previous design procedure can be employed for the synthesis of multi-band, enhanced negative-
index bandwidth or even tunable metamaterials. In this section, a dual-band, negative-refraction medium is 
created by placing two different ERR-SRR unit cells adjacent to each other along the x-direction. Each unit 
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cell is designed for a different resonant frequency, by slightly varying the dimensions of its metallic parts, via 
the technique described in section 2. Due to the strong coupling between the two DNG components, their 
center frequencies and resonances’ strengths are affected. Also, resonant frequencies other than the desired 
ones are likely to arise, owing to the Bloch modes, which gradually decrease when the intermediate space 
among the unit cells’ metallic parts is enlarged. For this purpose, a dual-band DNG structure of enhanced 
performance by combining the ERR of Fig. 1a and the non-bianisotropic SRR, is presented in Fig. 5a. The 
individual SNG media have been designed for 7 and 8 GHz, whereas in the combined structure the negative 
index bands are slightly shifted downwards to 6.8 and 7.8 GHz, respectively. Finally, as a marginal case of a 
dual-band medium, a bandwidth-enhanced DNG medium may be formed, when the design frequencies of the 
unit cells come close enough to each other, so as to superimpose. 

       
5.5 6 6.5 7 7.5 8 8.5
0

0.2

0.4

0.6

0.8

1

Frequency (GHz)

S
−p

ar
am

et
er

 m
ag

n
it

u
d

e

 

 

S
11

S
21

    
5.5 6 6.5 7 7.5 8 8.5

−3

−2

−1

0

1

2

3

4

Frequency (GHz)

R
ef

ra
ct

iv
e 

in
d

ex

 

 

real part
imaginary part

 
 (a) (b) (c) 

Fig. 5: (a) Dual-band DNG metamaterial unit cell geometry (dimensions: ERR1 for 7 GHz: d = 4.94 mm, g = 0.4 mm, 
w = 0.4 mm; NB-SRR1 for 7 GHz:  g = 0.5 mm, d = 0.6 mm, r = 1.93 mm, w = 0.4 mm; ERR2 for 8 GHz:  d = 4.85 
mm, g = 0.8 mm, w = 0.4 mm; ΝΒ-SRR2 for 8 GHz:  g = 0.5 mm, d = 0.6 mm, r = 1.79 mm, w = 0.4 mm), (b) S-
parameters magnitude, and (c) effective refractive index n. 

 

4. Conclusions 

 A new planar DNG metamaterial has been introduced in this paper via the combination of electric 
and magnetic resonators. The negative-refraction bandwidth of the structure has been found around 640 
MHz, by applying an S-parameter-based homogenization method. It has to be stressed that for the unambi-
guous extraction of effective parameters, the Kramers-Kronig formulas have been implemented. By only 
slightly varying the resonators’ dimensions, in order to shift their resonance frequency, and combining unit 
cells designed for different frequencies, multi-band, enhanced negative-index bandwidth or even tunable 
structures can be accomplished. The specific idea has been successfully illustrated in the realization of a 
dual-band metamaterial that can be utilized, among others, in the implementation of sub-wavelength cavity 
resonators and planar parallel plate waveguides.  
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